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THE MAIN POINTS DISCUsSSED iN THIS TEXT

4 A bn'ef Tntro duction

2. Preliminaries on O-minimal Structures
This part consists of definibions , theorems and their corollaries
indispensable for the purpoe of the otudy of Whitney stratifica-
ton .

3. Under the title of Wﬁifneﬂ Strwhlfwahbn.a« stgnificant section
has been devoted lo the Grussmannian of k- dimensional vector
spaces of IR". The properties reviewed from Linear Algebra show
fiow bthe Grassmannian are construcked .and are wed as alge,brm‘c

subsets of R", They serve as the main tools wn the efinition
of Wﬂi’meg condifions a) and b).

4. Whitney Condibions : their definitions .
Then the theorem 2.5 . about the strct nequality of dimensions:
dim(¥ \Watx,)) 2dim Y and dim(Y \W, x,¥)) -
The proof of that theotem is lenghy : it demands the proof of severul lemmas
and s use will be seen o dhe last theorem of the section :
Theorem (Whitney Stradification).

5. A {‘W exampbeo 00"‘1?[&&0 the text: verification des conditions de ngu(arifcraatpﬁnts

sing uliers.



INTRODUCTION

o Stralification theory is based on the  natural’ idea of dividing a
s;h%uw spate infs maonifolds . It deals with the °t”c£'j of Uopo(ogc' cal spaces
endowed with a*(;a,r%h'm by smooth maml]/blcfs safz&fging/ speccfic
conditions . Most of sl‘n%uﬁa.f Spoctd a‘p}oean'n% 1 ﬂna!gsc's fave the
structure  of stratc‘ﬁ‘ed spaces satis ]fg:'n% Wﬁgfn% condibions -

o Whitngy stm,hlf:.‘ca/’(dms exist 1n c{fﬁérenfo contexts .
a/{ﬁe(ormb seks , semi - algebrm)c sels , ana,@%'c/ sefs, and several
Others.
Here the work will bedone with a [arge/rcfaos of sk, nameﬁg,

OL&{I,\I"}QBLQ sets, move FY@OLBGL& uff«fﬁ sebs dﬁft‘na,ble n the [angwa,gf/
o.f ‘n‘n,g.s , in short, in 0~ minimal Structures . ]

s A Whitney s{:m,tdffmhbn for X cIR” means aloar{ft}(ﬁ.‘on o]c "
info a finife submanifolds So, Si, ..,Sn  where Sd has
Aimension o |, suchthat X is o unien of some d-fme, connected
Componenfs of these sefs Sand such Yhaf certain regu[an‘éﬂ
conddfio ns calledt b\)hifneﬁ conditiens related Aifferentsels
Sd  ar salisfled. Thase .are cono@h‘o% we need 1o study
in thewe page and give some examples.



Toe Preliminaries

0- minimal Structures

This is o brief summgary of the theory of o-minimal
structures y lnbrocluana the prop ecties that will be used loter sections .
Roughly, an 0-minimal Structure is a collection of ' tame’ subselo of
Zuelidean Speice with which one can pecform standarol 8eomemc and
%Folongcal construchions .

I.o Definthions and elementary properties.

. Let fin be ihe amallest ring of real- valued functions on R"™ such
that -,
() An cobaing all polynomials , i¢ RE®, -+ In] & fn
(b)) An is cleoved under taking exponentiation , ie. if f€fin,then expfefh,

1.1 Definthon . A structure on R consists of a collection D = (Dn)nem
of subsets Dn of R™ for eachneMN. O 4s the smallest clas
of subsek of Euclidean Spoced R" nemN such thal:
(0 D 5 0 Boolean algebm confoining R e, D s clued
uncler infersection , union and Complement.
2 Dn confouns all sefo 0f the form {mé R" :-f(m):o} where 'Feﬂ"‘
() Dn condoins the dia,%onalo { (2., -2 l L= 5} -ﬁrrm}y I Cééﬁn

(4) f X eDn then XxRe Dpe o R"X?gn-ﬂ-

(5) l'F S ¢ Dy l:ﬁen 7T[S) ¢ Dn ; where JT:R"™ _5 R"
Projeabm onto the fist M Coordinates .
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